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Numerical Solutions for Transient Electromagnetic Field in
Rectangular Bus Bars

Alin DOLAN, Grigore A. CIVIDJIAN
University of Craiova, Electrical Engineering Faculty, Decebal Bvd. 107, Craiova, Romania, 200440;
adolan@elth.ucv.ro

Abstract. The transient electromagnetic field in and around a system of two non-magnetic
homogenous rectangular bars is evaluated with finite element method. The influence of mesh
quality on the solution accuracy is discussed. For high-enough bars, a combined analytical-
numerical solution for the field penetration in the bar and for the time variation of the current
density distribution is proposed and comparison with purely numerical solutions is made.

1 Introduction

The transitory electromagnetic field problem in two infinite-high and long non-magnetic bars is
completely analytically solved in [1], considering the magnetic field on external side of the bars
equal to zero. In [2] these results were extended for the case of finite but high-enough bars,
maintaining the assumption of one-dimensional field in central part of the bar, constantly
distributed on the height and considering the external magnetic field no more zero. In this paper
a numerical solution is obtained with finite element method using FLUX program at current step
injection and voltage step application to short-circuited high-enough bars. The results are
compared with the old analytical evaluation. A combined analytical-numerical solution is
proposed and comparison with purely numerical solution is made.

2 Analytical Electromagnetic Field Evaluation

At uniform distribution of current density 8, the vertical component of magnetic field for a
solitary rectangular bar results with Biot-Savart low [2] (fig. 1):

H, (. y) = i{(x + al)[amtngl —arctg Lbl} —(x- al)(arctg PALY arctg 2 by ] +
2n X+a, X+a, ~a —a
LHB) O a)tH(y+b)t (y=by) | (x+ @)+ (y-by)’ "
2 (x—a,)* +(y+b)? 2 (x=a,)? +(y—b,)?

In the case of two parallel bars, carrying the direct current lo, the magnetic field ratio n in the
points A and B can be deduced with superposition theorem (fig. 2):

HB
HA
At the beginning of a current step, the bar current can be considered distributed between two

superficial vertical sheets and the magnetic fields modules ratio n is given by the currents ratio in the
two sheets, considering the condition of zero magnetic field in the middle of the bar [2]:

n= ) Hay=Hia+Ha, Hg =Hyp—Hy (2)
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—e-__ Db 28+b g, 4 @3)
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Fig. 1: Solitary bar. Fig. 2: System of two parallels bars.

More exactly, can be proposed the following formula, which depends on the r in direct current:

arctg(1 Ul Ej arctg LZb
2 2a+——

, 1+n
No = (4)

+mn h

1 h
arctg( , j +arctg ——————
n b 2(a+b)+—2b
1+7

In the case of current step injection i(t) = lo-1(t), the Maxwell equations satisfied by electric and
magnetic field are solved in [2] for the thin bars using Laplace transform. The magnetic field on
the two lateral sides and the solution of field equations in central part of conductor are:

Iy

HAQW? Hg =mH, (5)

H, (€,0) =H -{&(1+n)—1+gi(—1)k”Si”(k“@_sm(k“(l_é))eWe} (6)
y ! A n& k

E.(€,0) = 150 -{1+n + zi(—l)k[n cos(kn&) +cos(km (1-&))] e—(km?e} )
n k1
—X _£ _ 2 _ Io 1+T'| l l
where &—E, 9—1, t=pocbh®, E, = b [bJrthA (8)

For a voltage step application u(t) = Up-1(t), assuming the approximation (5), the solution are:

& msin(v, &) -sin(v, 0-€))
H,(5.0)=H { g Z(m+D)sin (v, ) +v, cos(vk))e } ®)
_ s ncos(v, §)+cos(v, 1-8)
E.(G0)=E { Z; (m+Dsin(v,)+v, cos(vk))e } 10)
where m=—— rextzle—x‘, I0=U—°, Ozi, Iextzuoaz, HQ=I—0 (11)
Text I [ cbh h h
and vy verify the equation: m(n+cosv,)=v, sinv, (12)
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3 Numerical Electromagnetic Field Evaluation

The numerical simulation of transient electromagnetic field at current step injection and voltage
step application to short-circuited high-enough bars has been obtained with finite element
method using the FLUX 2D program developed by CEDRAT Company and Grenoble Electrical
Engineering Laboratory.

The bars system was modelled with massif conductor components connected to the step signals
via Circuit Coupling module. The choice of the rate h/b equal to 30 (fig. 2) corresponds well to
assumption made in [2] of high-enough bars. The distance a between the bars was considered
equal to 2b. A quarter of the model was analysed, a four time reduction of the nodes number
being obtained.
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Fig 3: Evolution of the ratio 1 along the transient process at current and voltage step signals application

The time analysis assumes a string of static analysis, serially depending each other. The accuracy
of simulation depends on the thinness of mesh, both in space and in time. The thinness must be
imposed in the zones with strong variations of quantities — along the bars sides for the spatial
mesh and towards the beginning of transient process.

The transient numerical simulation begins at the moment corresponding to 6 = 107 with the
minimum time step allowed by the program (p = 10 s). This is increased in steps, on little time
intervals till the end of transient process, practically corresponding to 6 = 10. Totally, 234 time
values were analysed.

The way of variation time mesh has also an important influence on the accuracy. Thus, the step
time has been increased along the simulation such as its variation does not exceed 2-2.5 times at
the homogeneous time intervals junctions.

In the figure 3 is shown the numerical evolutions in time of ratio n along the transient process at
current and voltage steps. The initial and final values calculated with (3) or (3’) and (2) are also
designed. The coincidence of analytical and numerical results is evident at the end of process.
The negative slope of the numerical curves on the first two decades is probably due to the
transient process of computation method.

The numerical results of magnetic field penetration and of the current density distribution in
conductors were obtained for some moments corresponding to 6 between 0.001 and 1, at
current and voltage step. In [2], the tangential component of magnetic field and longitudinal
component of electric field were analytically evaluated using the equations (6)-(12), considering
the ratio n of static magnetic field for all analysed moments. In this paper a combined analytic-
numerical solution is proposed, using the same equations with the ratio n coming from numerical
simulation (fig. 3). The solutions vy, of equation (12), have been numerically evaluated using
MATHCAD program.
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In figures 4-7 can be seen the results of numerical simulation compared to analytical and mix

analytical-numerical solutions at current step injection. There’s agreement can be observed.
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Fig 4: Numerical and analytical results of transient
magnetic field in conductor 1 at current step injection,
for h/b =30and a/b = 2.

Fig 5: Numerical and mix analytical-numerical results
of transient magnetic field in conductor 1 at current

step injection, for h/b = 30 and a/b = 2.
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Fig 6: Numerical and analytical results of transient
electric field in conductor 1 at current step injection,
for h/fb =30and a/b = 2.

Fig 7: Numerical and mix analytical-numerical results
of transient electric field in conductor 1 at current step

injection, for h/b =30 and a/b = 2.
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In figures 8-11 can be seen the results of numerical simulation compared to analytical and combined
analytical-numerical solutions at voltage step application, in best agreements.
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Fig 8: Numerical and analytical results of transient Fig 9: Numerical and mix analytical-numerical results

magnetic field in conductor 1 at voltage step
application, for h/b = 30 and a/b = 2.

of

transient magnetic field in conductor 1 at voltage
step application, for h/b =30 and a/b = 2.
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Fig 10: Numerical and analytical results of transient
electric field in conductor 1 at voltage step application,
for h/fb =30 and a/b = 2.

Fig 11: Numerical and mix analytical-numerical
results of transient electric field in conductor 1 at
voltage step application, for h/b = 30 and a/b = 2.
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Fig 12: Magnetic field distribution at 6 = 10 Fig 13: Current density distribution at @ = 102
for current step injection. for current step injection.

Using visualisation facilities offered by FLUX postprocessor, in the figures 12 and 13 are
presented the magnetic field and the current density distributions in the studied domain for
6 =107 in the case of current step injection.

4 Conclusions

e The transient electromagnetic field in and around a system of two non-magnetic homogenous
rectangular bars is evaluated with finite element method using FLUX 2D program. For high-
enough bars, good agreement with old analytical solution was found.

e Thinness mesh in the zones with strong variations of quantities and uniformly time mesh
variation insure a good accuracy of results.

e A combined analytical-numerical solution for the field penetration in high-enough bar and for
the time variation of the current density distribution in bars was proposed and its agreement
with purely numerical evaluation has been established.
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